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Nuclear Thermal Propulsion (NTP) is currently identified as one of the preferred propulsion
technologies for human missions throughout the solar system. The state-of-the-art NTP cycle is
based on a solid core Nuclear Engine for Rocket Vehicle Application (NERVA) class technology
that is envisioned to provide a specific impulse (I𝑠𝑝) of 900 seconds doubling chemical rocket
performance (450 seconds). Even with this impressive increase, the NTP I𝑠𝑝 still has issue
providing adequate initial to final mass fractions for high ΔV missions. Nuclear Electric
Propulsion (NEP) can provide extremely high I𝑠𝑝 (>10,000 seconds) but with only low thrust
and limits on propulsion system mass to power ratio. The need for an electric power source
also adds the issue of heat rejection in space where thermal energy conversion to electric is
at best 30-40% under ideal conditions. A novel Wave Rotor (WR) topping cycle is proposed
that promises to deliver thrust approaching NERVA class NTP propulsion, but with I𝑠𝑝 in the
1200-2000 second range. Integrated with a hybrid NEP mode, the duty cycle I𝑠𝑝 can further be
increased (1800-4000 sec) with minimal additional dry mass. The bi-modal design enables a
Fast Transit class human mission to Mars and has the potential to revolutionize the deep space
exploration of our solar system.

I. Nomenclature

𝐴 = Area, 𝑚2 𝑡 = Time, 𝑠
𝐶𝑃 = Specific Heat Capacity at Constant Pressure, 𝑘𝐽

𝑘𝑔𝐾
𝑣 = Velocity 𝑚

𝑠

𝑔 = Earth Gravitational Acceleration, 𝑚
𝑠2 𝑉 = Voltage, 𝑉

𝐼SP = Specific Impulse, 𝑠 𝑊 = Work, 𝑘𝑊
𝑘 = Structural Coefficient 𝑥 = Distance, 𝑚
𝑀W = Molecular Weight 𝑔

𝑚𝑜𝑙
𝛼 = Specific Mass, 𝑘𝑔

𝑘𝑊

𝑚 = Mass, 𝑘𝑔 𝛾 = Specific Heat Ratio
¤𝑚 = Mass Flow Rate, 𝑘𝑔

𝑠
𝛾acc = Thrust Acceleration, 𝑚

𝑠2

𝑃𝑅 = Pressure Ratio Δ𝑉 = Velocity Change, 𝑚
𝑠

𝑃𝑊 = Power, 𝑘𝑊 𝜖 = Emissivity
𝑝 = Pressure, 𝑘𝑃𝑎 𝜂 = Efficiency
𝑅 = Universal Gas Constant 𝜆 = Trajectory Characteristic Parameter
𝑆𝑃 = Specific Power 𝑘𝑊

𝑘𝑔
𝜎 = Stefan-Boltzmann Constant

𝑇 = Temperature, 𝐾
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Subscripts

𝑎𝑣𝑔 = Average 𝑀𝑎 = Mars Arrival
𝐵𝑒 = NEP Brayton Mode 𝑜 = Stagnation
𝐵𝑡 = NTP Brayton Mode 𝑝 = Propellant
𝑐𝑎𝑏𝑙𝑒 = Power Distribution Cable 𝑃𝐿 = Payload
𝑐𝑜𝑚𝑝 = Compressor 𝑃𝑃 = Power and Propulsion
𝑒 = Electric 𝑟𝑎𝑑 = Radiator
𝐸𝑑 = Earth Departure 𝑟𝑒 𝑗𝑒𝑐𝑡 = Heat Rejection
𝑒𝑡 = Electric Thruster 𝑆 = Structure
𝑒𝑥𝑖𝑡 = Exit State 𝑡ℎ = Thermal
𝑓 = Final 𝑡𝑜𝑡 = Total
𝐻𝑡 = Heliocentric Transfer 𝑡𝑟𝑎𝑛𝑠 = Transit
𝑖 = Initial 𝑡𝑢𝑟𝑏 = Turbine

II. Introduction

At a fundamental level, in-space Electric Propulsion (EP) is limited by the power cycle’s ability to reject waste heat
generated by its energy conversion process. This in turn produces a large heat load that requires an immensely

heavy radiator, even at moderate thrust levels. Fig.1 shows the NASA Nuclear Electric Propulsion (NEP) - Chemical
Propulsion (CP) Vehicle 1.2.[1] Note the large radiator area required for heat rejection of the 1.9 MW EP power system.
Chemical and Nuclear Thermal Propulsion (NTP) designs, on the other hand, heat a working fluid and expel the hot gas
with minimal heat transfer, reducing the cooling requirements to manageable levels at much higher levels of thrust.

The only way to reject heat in space is through radiation. If we assume the radiator is a black body, for discussion
purposes, the power emitted is defined by,

𝑃𝑊reject = 𝐴𝜎𝜖 (𝑇4
reject − 𝑇

4
background) (1)

In interplanetary space, the background temperature is typically 3-200K. Brayton cycles are typically considered for
the electric generation for high power systems using a solid nuclear core as used in the NASA NEP-CP vehicle 1.2
‘reference vehicle. These systems typically provide a poor temperature to radiate waste heat. Focusing on the Brayton
cycle turbine system to create electricity, higher rejection temperatures could be used but a fixed inlet temperature of the
turbine means a lower output of power. To overcome this limitation, energy transfer processes with higher temperatures
are required. In our work we explore the addition of wave rotor technology to overcome this limitation.

Fig. 1 NASA NEP-CP hybrid concept.

Another important aspect for nuclear based propulsion is the selection of the motive gas for the rocket. The selection
is directly impacted by the desired specific impulse (Isp) and governed by the rocket equation as,
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(2)

For a traditional chemical rocket utilizing hydrogen and oxygen, the combustion temperature is approximately 3420
K, the average molecular weight of the combusted gas is 13.8 g/mol, giving a maximum theoretical Isp of 450 seconds
with an optimized fuel rich mixing ratio. For an NTP solid core based on the Nuclear Engine for Rocket Vehicle
Application (NERVA)[2] design, reactor material limits the gas heating to a 2,700-3,000 K rector exit temperature, but
the rocket uses pure hydrogen that has a molecular weight of 2.016 g/mol. This gives the NTP a maximum Isp of about
twice that of the chemical rocket (900 sec). Reducing the molecular weight brings a significant performance increase.
Fundamentally it would be ideal to reduce the molecular weight of the motive gas further. Fig.2 shows the phase change
diagram for a pure hydrogen system. Over the pressure ranges relevant to rocket propulsion, complete atomization
of hydrogen occurs in the range of 3150-5200 K. This is well beyond the service temperatures of solid core nuclear
reactors. To reach these temperatures a liquid [3–7] or gas phase [8] reactor core would be required. Using an unsteady
shock heating process, a wave rotor can theoretically reach liquid core performance while still using a nuclear reactor
with a solid core. We have developed a unique cycle that leverages this capability.

Fig. 2 Phase change diagram for hydrogen system. Yellow box represents practical pressure ranges of in-space
rockets.

III. Incorporating Wave Rotor Technology
A wave rotor, wave-in-rotor, or dynamic-pressure exchanger (primarily in Europe) is a type of turbomachine in

which energy is exchanged using shock waves onboard the rotor. A wave rotor can be configured with a variety of ports
controlling the processing of the gas in the rotor channels. We chose to investigate a four-port wave rotor as shown
in Fig.3. This configuration consists of a rotor, two end plates and a set of transition ducts. On the left side of the
wave rotor, a High Pressure Driver Gas [HPDG] and Low Pressure Compressed Gas [LPCA] are directed through the
ducts. Inflow ports are sized on the end plate to induce a harmonic injeciton of the two gasses. The rotor is made of a
series of channels that operate as individual rotating shock tubes, compressing the LPCA gas with the HPDG gas. The
technology has been used in combustion applications, refrigeration cycles and test gas compression/heating. To our
knowlege, this system has never been explored for application as a topping cycle for an NTP rocket.[9–16]

Fig.4 shows a diagram of the compression and expansion waves in a four port wave rotor. In this figure the rotor
from Fig.3 is cut and unwrapped from a cylinder to a flat plane with periodic boundaries. For visualization purposes, we
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Fig. 3 Exploded view of a typical four port wave rotor. HPDG - High Pressure Driver Gas, LPDG - Low
Pressure Driver Gas, LPCA - Low Pressure Compressed Gas, HPCG - High Pressure Compressed Gas.

assume that the rotor has a large number of channels making the volume of each infinitely small. This assumption
allows for visualizing the fluid as a continuous domain. This visualization is similar to an x-t diagram for tracking
the evolution of shock tubes. Inside the channels the blue color denotes the compressed gas and the gold color is the
driver gas. At the interface of the two gases, a contact discontinuity exists. When the driver gas inlet port is opened, the
contact discontinuity initiates a shock compression wave (red arrow). This wave travels at the convective velocity of the
fluid plus the speed of sound. It therefore travels faster than the driver gas and compresses the compressed gas as it
passes through it. When the shock hits the right wall of the channel (before the compressed gas outlet port opening)
the shock reflects back further increasing the pressure of the compressed gas. Again the reflected shock travels faster
than the velocity of fluid. Therefore, the compressed gas outlet port can be opened with out changing the nature of the
compressing shock. Once the reflected shock reaches the left side of the channel, the driver gas inlet port is closed. An
expansion wave is initiated by the end of injecting driver gas causing the driver gas velocity to go to zero. When the
contact discontinuity reaches the compressed gas outlet port on the right, the port is closed. This traps the driver gas in
a stagnate state. The driver gas outlet port is then opened to remove the driver gas. Another expansion wave is created
that imparts the velocity to the gas for removal. When the expansion wave reaches the left side, the compressed gas
inlet port is opened. The driver gas outlet port is then closed when the contact discontinuity between the two gases
reaches the right side. When the driver gas outlet port is closed, another compression shock is initiated stagnating the
compressed gas. When the shock reaches the left side of the channel, the compressed gas inlet port is closed. With the
compressed gas stagnated, we reach a periodic boundary that enables the unsteady operation of the wave rotor.

A. Brayton Cycle with Topping Wave Rotor
Wilson and Paxson [17] along with Welch [18] conducted research on wave rotors for use as a topping cycle for jet

engines. Their research found that the macroscopic balances of the volume-averaged thermodynamic properties in the
rotor passage control volume can provide a simple system level analysis of performance. Fig.5 illustrates the use of a
four port wave rotor in a Brayton cycle with a nuclear reactor core. We start at station 1.0 where low pressure working
fluid enters the compressor. The air is compressed using a traditional axial or centrifugal compressor. The gas at station
2.0 enters the wave rotor and is further compressed by the hot gas entering at station 4.1. The gas then passes through
station 3.0 at a higher pressure and travels to the nuclear reactor core (station 3.1). The nuclear reactor core heats the
gas up to station 4.0. The hot gas then travels to 4.1 where it compresses the incoming low pressure gas from station 2.0.
The gas then enters the turbine at 5.0 to extract the rest of the work from the gas. In between stations 1.0 and 6.0 the gas
is cooled by a radiator to reject the excess enthalpy from the cycle. The radiator area sets the bottom temperature of the
cycle and the nuclear reactor outlet temperature sets the top of the cycle.

Treating the wave rotor as a single control volume, we see that neglecting viscous effects, the work produced by the
fluid entering and exiting the ports must be equal.

¤𝑚3.0−2.0

∫ 𝑇3.0

𝑇2.0

𝑐𝑝 (𝑇) 𝑑𝑇 = ¤𝑚4.1−5.0

∫ 𝑇4.1

𝑇5.0

𝑐𝑝 (𝑇) 𝑑𝑇 (3)
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Fig. 4 Compression and expansion wave patterns in a four port wave rotor.

For this case the mass flow rate is the same throughout the system and can be neglected. Assuming we can model
the compression and expansion of the gas as an overall polytropic process and that the heat capacity is only a function
of gas temperatures by taking the average over the ports, the work between the inlet and outlet ports can be found by
defining pressure ratios between the ports,

¤𝑚3.0−2.0

∫ 𝑇3.0

𝑇2.0

𝑐𝑝 (𝑇) 𝑑𝑇 = ¤𝑚3.0−2.0
𝑐p,avg𝑇2.0

𝜂3.0−2.0
[𝑃𝑅

𝛾−1
𝛾

3.0−2.0 − 1] (4)

¤𝑚4.1−5.0

∫ 𝑇4.1

𝑇5.0

𝑐𝑝 (𝑇) 𝑑𝑇 = ¤𝑚4.1−5.0 𝜂4.1−5.0 𝑐p,avg 𝑇4.1 [1 − ( 𝑃𝑅2.0−5.0

𝑃𝑅3.0−2.0
)
𝛾−1
𝛾 ] (5)

Where now the work can be computed using the inlet port temperatures and the pressure ratios. Equating the right
hand side of Equations 4 and 5, the required pressure ratio from 2.0-5.0 can be computed if we assume the mass flow
rate is the same through all ports as is the case for a nuclear powered Brayton cycle as opposed to one that involves a
combustion process and the addition of fuel.
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Fig. 5 Diagram of Brayton cycle with topping 4-port wave rotor.

𝑃𝑅2.0−5.0 = 𝑃𝑅3.0−2.0


1 − (1− 𝜂4.1−5.0 )

𝜂4.1−5.0 𝜂3.0−2.0

𝑇2.0
𝑇5.0

[
𝑃𝑅

𝛾−1
𝛾

3.0−2.0 − 1
]

1 + 1
𝜂3.0−2.0

𝑇2.0
𝑇5.0

[
𝑃𝑅

𝛾−1
𝛾

3.0−2.0 − 1
] 

𝛾

𝛾−1

(6)

For completeness, the compressor power can be modeled using,

𝑊comp = ¤𝑚1.0−2.0 𝑐p,avg
𝑇1.0

𝜂1.0−2.0

[
𝑃𝑅

𝛾−1
𝛾

1.0−2.0 − 1
]

(7)

And the turbine can be modeled using,

𝑊turb = ¤𝑚5.0−6.0 𝑐p,avg 𝜂5.0−6.0 𝑇5.0

[
1 − ( 1

𝑃𝑅5.0−6.0
)
𝛾−1
𝛾

]
(8)

Balancing the work of the system, we see that the wave rotor can be viewed as removing the required compression
from the compressor by using thermal energy from the reactor above the operating temperature of the turbine system.
Due to the simple channel design and low rotation speeds compared to a traditional compressor, the wave rotor provides
only a small addition of mass to the system compared to the significant increase in system net power. On a traditional
Brayton cycle for space propulsion, the radiator rejects heat at average temperatures of at least 500 K for mass efficiency.
One strategy of adding the wave rotor is pushing the rejection temperature up to a much higher value. Instead of adding
extra power, it may be possible to significantly reduce the mass of the other propulsion system components resulting in a
lower mass to power ratio. We will discuss this later as part of the bi-modal design.

B. Motive Gas Heating with Wave Rotor
NTP propulsion based on the NERVA concept is a simple expander cycle. The top of Fig.6 shows a detailed build

up of the system based on recent work at NASA Glenn [19]. The bottom part of the figure shows the simplified system
components that are relevant for our analysis. The cycle consists of a compressor that that takes the motive gas from a
fuel tank and pressurizes the gas using turbomachinery. For the NERVA expander cycle, the turbomachinery is run by
expanding a portion of the motive gas through a turbine and exiting the spacecraft out a separate small exhaust nozzle.
The compressed gas then flows through the NTP reactor core where it is heated up to the desired temperature. The
gas leaves the core and then is exhausted through the rocket nozzle. Again, the limiting factor maximizing Isp is the
maximum temperature of the NTP reactor core.

To increase the performance of the NTP mode, a wave rotor can be placed in between the NTP reactor core and the
rocket nozzle as shown in Fig.7. In this configuration, the motive gas is compressed by a driver gas. Motive gas denotes
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Fig. 6 NTP expander cycle. Detailed drawing from NASA Glenn (top) [19]. Simplified representation (bottom).

that gas is expelled by the rocket to produce motive force. Driver gas denotes the gas used to compress the motive gas
(similar in reference to a driver gas in a shock tube). The driver gas in our case is also referred to as the Brayton cycle
gas. The purpose of the driver gas is not to increase the pressure of the motive gas (as was the case for the Brayton
cycle wave rotor), but to increase the motive gas temperature to values significantly beyond the traditional NTP NERVA
design. Equations 4 and 5 can be recast into,

¤𝑚10.0−9.1

∫ 𝑇10.0

𝑇9.1

𝑐𝑝 (𝑇) 𝑑𝑇 = ¤𝑚10.0−9.1
𝑐p,avg𝑇9.1

𝜂10.0−9.1
[𝑃𝑅

𝛾−1
𝛾

10.0−9.1 − 1] (9)

¤𝑚4.2−4.3

∫ 𝑇4.3

𝑇4.2

𝑐𝑝 (𝑇) 𝑑𝑇 = ¤𝑚4.2−4.3 𝜂4.2−4.3 𝑐p,avg 𝑇4.2 [1 − ( 𝑃𝑅10.0−9.1

𝑃𝑅4.2−4.3
)
𝛾−1
𝛾 ] (10)

Where the mass flow rate between the two do not have to be the same. This increases the number of unknowns,
but we are now free to select the pressure ratio for both flow paths as an input parameter. The temperature inputs are
also set by the reactor temperatures. Given a required thrust, the mass flow rate of 10.0-9.1 is fixed and we find the
required mass flow rate for 4.2-4.3. We also point out that the temperature of the driver gas at 4.3 can be defined as the
temperature required for the Brayton cycle wave rotor temperature at 4.1. Using this constraint, the pressure ratio of
4.2-4.3 can be found. Therefore, all the requirements for the NTP wave rotor can be defined.

C. Bi-modal Nuclear Core Operation
For the bi-modal core operation, the conditions for the NTP reactor core materials are extremely harsh. They must

operate at temperatures ranging from 1000 K to nearly 3000 K with high temperature gradients and temperature cycling
over time, as well as exposure to high-temperature flowing hydrogen. However, the propulsion cycles are short with a
total irradiation time of only two days for a 45-day mission and less than 10 hours for a 65-day mission. Thus, they will
not experience significant amounts of radiation damage or fission product buildup.

Three material systems are being considered for use in the fuel for NTP reactors: two composite fuel systems and
one monolithic system. They all have strengths and weaknesses regarding use in NTP reactors. They are compared in
Fig. 8, which shows the reactor exit temperature vs. projected endurance in hydrogen. Each is discussed in more detail,
below.

In the ceramic-metal (cermet) composite concept, particles of a ceramic fuel are embedded in a metallic matrix.
Early cermet concepts used a cermet fuel composed of uranium dioxide (UO2) particles embedded in a tungsten
(W) matrix [20]. Both of these materials has a melting temperature above 3000 K. However, this design required
high enrichment to generate the desired temperatures due to the low uranium density of UO2 and the high neutron
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Fig. 7 NTP mode with wave rotor placed between reactor core and rocket nozzle. Brayton cycle components
from Fig.5 are shown to describe where the power to heat the motive gas comes from.

Fig. 8 Projected Endurance of nuclear core material technology vs. reactor exit temperature.

cross-section of W. A modern cermet concept uses uranium nitride (UN) particles embedded in a W-molybdenum (Mo)
matrix. UN has a higher uranium density than UO2 and still has a melting temperature above 3000 K. Increasing the
Mo content in the W-Mo alloy decreases the neutron cross-section but also decreases the melting temperature. One
major limitation of this concept is the decomposition reaction that occurs in UN fuel above 2120 K that is likely to result
in fuel loss during operation [21].

In the ceramic-ceramic concept, ceramic particle fuel is embedded in a ceramic matrix [22]. The plan is to take
advantage of the tristructural isotropic (TRISO) fuel particle technology in which a small fuel kernel is covered by
various layers of carbonaceous materials. TRISO particles have demonstrated excellent performance for power reactors
[23]. The fuel kernel could be made from either UN or a carbide fuel and zirconium carbide (ZrC) will be used in place
of the SiC layer used in TRISO fuel. The fuel particles will be embedded in a ZrC or niobium carbide matrix [24]. ZrC
has a melting temperature above 3000 K and a very low neutron cross-section. If UN is used as the fuel kernel, the
decomposition reaction discussed in the previous paragraph would still be an issue. If uranium carbide (UC) is used as
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the fuel material, it would need to be mixed with refractory carbides such as ZrC to raise the melting temperature.
In the advanced carbide concept, a solid solution of ceramic materials is used as the fuel material [25]. Possibilities

include a bicarbide (UC and ZrC) [26] and a tricarbide (UC, ZrC, and a third carbide such as tantalum, niobium, or W
carbide) [27]. The melting temperature is raised above 3000 K by mixing with refactory carbides, and the cross-section
is fairly low. The primary limitation of the advanced carbide concept is lack of data from high-temperature operation.

NEP reactor conditions are somewhat different than those for NTP. The temperatures would only reach up to around
2000 K, but the core may need to operate for much longer time. Due to the lower maximum temperature, some of the
limitations of the fuel materials would not be present for an NEP core. With UN, the decomposition reaction would not
have a significant effect, making that fuel a better option. Also, the operating temperatures would be below the melting
temperature of UC so it would not need to be mixed with a refractory carbide. However, the longer operating times
would add additional complications. There may be significant swelling and fission product buildup that could degrade
the performance of the reactor.

A mixed mode reactor, that would operate for both the NTP and NEP propulsion modes, would pose the largest
problem for the material performance in the core. The NTP modes would have the high temperature requirements and
the total operating time would be the combined time of both NTP and NEP modes, meaning that even more swelling
and fission product buildup could occur. The benefits to the design would be significant, but the actual design of the
reactor materials would be more difficult.

Due to the harsh conditions within the NTP and NEP cores, it is difficult to solely use testing to ensure its performance.
Modeling and simulation provide a useful tool for analyzing the thermomechanical behavior of the core materials during
reactor operation, and reducing the required number of tests. Advanced simulation tools developed for modeling the
fuel performance of power reactors are being taken advantage of to accelerate the development of models for propulsion
reactors. The BISON fuel performance code [28] is being used to simulate the temperature throughout NTP cores
[29, 30]. The mesoscale MARMOT tool is being used to determine effective properties of the core materials [29] and to
investigate specific material behaviors such as fuel loss [21]. Such methods should be applied to investigate the reactor
designs for NTP and NEP cores, as well as for mixed mode cores.

IV. Wave Rotor Enhanced Nuclear (WREN) Propulsion Bi-modal Cycle

A. Modeled Propulsion Subsystems Overview
The generalized concept for the bi-modal design is show in Fig.9. The main focus of this work is the improvement

in NTP performance. In this regard, there are two main lines of fluid flow. One is the motive gas line that is expelled
from the NTP rocket nozzle to produce thrust and the other is the driver gas line as part of a Brayton cycle to supply
compression work on the motive gas. For this work we chose to use hydrogen gas for both the motive and Brayton cycle
gas. Depending on mission requirements, using different gas species for the motive and Brayton cycle gas may lead to
more optimal designs.

The motive gas is compressed by a turbopump and sent to a recuporator, providing the reservoir temperature for
cooling the driver gas in the Brayton cycle loop. Afterwards, the motive gas is sent to the NTP core (nuclear reactor) for
heating. It then goes to the wave rotor for further heating and then expelled out the nozzle.

The driver gas goes through a Brayton cycle similar to Fig.5, but with an additional compressor to supply the
required pressure increase for the NTP Wave Rotor compression process. This places an additional compression load on
the Brayton cycle when operating in the NTP mode. A series of divert valves change the flow of the system between
NTP and NEP modes. In this concept, the second compressor is bypassed when the NTP Wave Rotor is not in use.
Fig.9 does not show the divert valves. Instead, two gas loops are shown to denote the Brayton cycle gas flow during the
NTP and NEP modes. The NTP mode loop is denoted by the subscript Bt and the NEP mode loop is denoted by the
subscript Be. It can be seen that the main difference between the two loops is the second compressor and NTP Wave
Rotor is bypassed when in NEP mode. Additionally, we note that Radiator 2 is shown as Radiator 2.1 and 2.2. This is to
denote how the power is rejected differently between the two modes. A series of control valves couple the radiator
to the respective gas loop locations. During NEP mode, heat rejection of the alternator and Power Management and
Distribution (PMAD) system is added to the rejection system. Therefore the heat load on Radiator 2 is different between
NTP and NEP modes. When in NEP mode, the Alternator is engaged to extract excess power into electricity. This
power is conditioned by the PMAD system and sent to the NEP thrusters.

Again, for this concept the wave rotor cycle operates at a temperature significantly above the limits of the in-space
turbine technology. The Brayton nuclear reactor core operates at two temperature points. One at extremely high core
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temperature, but for a relatively short period during operation of the NTP mode. The second at a more moderate
temperature, but still relatively high core temperature compared to other NEP modes. As discussed in Section III.C, it is
not clear if a single core or multi-core reactor is required.

In order to model the system as a whole, an object oriented programming (OOP) MATLAB program was developed.
Each subsystem is modeled as on independent object allowing the application of different constraints on the propulsion
system for optimization. These object classes were established as either inheriting or being composed of other classes
dependent on modeling needs. For example, all of the engine sub-components which contain some sort of gas flow (i.e.
Wave Rotor, Turbine, etc.) are given the thermochemical qualities of the gas class to determine work processes. The gas
class contains 9-coefficient curve fit functions for the specific heat (𝐶𝑝), enthalpy, and ratio of specific heats (𝛾) of gas
species based on empirical data derived from the NASA Chemical Equilibrium and Applications (CEA) code [31][32].
These curve fits are functions of temperature and are therefore thermally perfect. This is useful for our model because
both the driver and motive gas are not chemically reacting except for hydrogen dissociation in the NTP Wave Rotor, all
heat and work exchanges are assumed volume-averaged, ideal systems, and the high number of coefficients ensure high
result fidelity.

Again in this work, we focus on a practical improvement to the NTP system by maximizing the Isp for a given thrust.
This was conducted with out regard to mission requirements except for improving the NEP system mass to power ratio
defined as the parameter 𝛼 in section V.B. In our work we define alpha as the power of the propulsion cycle divided by
all of the systems shown in Fig.9. Compared to a pure NEP mode, this makes our NEP alpha larger. The following
sections go over the assumptions made for each of the subsystems.

Fig. 9 Preliminary system concept for bi-modal NTP/NEP propulsion system with wave rotor topping cycle.
Sub-components are colored in visible black body radiation spectrum to give qualitative description of the gas
temperature. Different cycle and mode lines are indicated by colored arrows: black for the motive gas cycle
during NTP mode; red for Brayton cycle during NTP mode; blue for Brayton cycle during NEP mode.

1. Wave Rotors
As was outlined in section III.A, each wave rotor within this system concept can be modeled using simple macroscopic

balances of the volume-averaged thermodynamic properties within the rotor passages. Again in this concept, both the
driver gas and compression gas in the wave rotors are hydrogen. The primary motivation for this choice is the lack of
fidelity to capture mixing of the motive and driver gas inside the wave rotor using the macro-scale model. Note that the
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shock processes in the wave rotor are initiated by the gas contact discontinuities. The process is inherently driven by
inviscid forces, but the viscous diffusion forces of the high gradient regions will produce a small amount of mixing.
Additionally, the opening and closing of port doors is not instantaneous. If the open/close process is slow, mixing may
also occur. Such analysis requires the use of computational fluid dynamics modeling. These losses are included in wave
rotor efficiency parameters found in equations 4 and 5. For this model, all efficiencies were fixed at 80 percent, both for
the compression and expansion process.

The mass of the wave rotor is negligible compared to the whole system. However as a demonstration of how tenuous
it’s mass is compared to its power conversion contribution, a simple solid cylinder of high density carbon carbon
composite (C/C) was included to represent the rotor, its housing, and motor. Because the wave rotor does not directly
apply work to the gas, very little power is required for rotation, and so the motors are quite small. With a minimum
density of 1.8 g/cm3, the wave rotor’s of the system would barely constitute a fraction of a percent of the engine mass
given current estimated sizes of less than a 0.5 meters in height and diameter.

The choice of high density C/C was for the composite’s ability to retain its mechanical properties for temperatures at
or above 2800K. Though exposure to hydrogen will require additional protective surface coatings. The wave rotors
uniquely unsteady flow environment could theoretically allow for exceptionally high gas temperatures, resulting in a
service temperature closer to the exit temperature of the driver gas. This is because walls of the rotor channels are
constantly exposed to hot and cold flows in approximately equal periods over a full rotation [33]. In addition to the flow
timing analysis, a focus on thermal loads will be necessary in order to determine points of active cooling if passive
cooling does not suffice.

2. LH2 Turbopump
The work of the LH2 compressor was found using a scaling parameter for the Space Shuttle main engine (SSME)

LH2 turbopump as conducted in similar NTP studies [34]. Previous work on turbopump designs by NASA was also
available [35]. For their NERVA derived design with a thrust of 111.2 kN, the mass of the turbopump was approximately
100 kg. The power of the pump was functionally coupled with the NTP wave rotor and its compression process (ports 3
to 4). This design makes up for the pressure losses of the motive hydrogen when it passes over the recuperator and the
NTP reactor core, allowing the gas to attain the required pressure balance.

The turbine would derive power from a regenerative cooling loop similar to the liquid rocket cycle of the SSME.
This line of hydrogen would be used for active cooling of the reactor cores, the NTP rocket nozzle, NTP Wave Rotor, etc.
We assume this cooling would be conducted at station 2 after cooling the Brayton gas loop and hence the grey open loop
arrows in Fig.9 to simply the description for this work. Details of the cooling lines will also be reserved for future
research, as this system overview is only concerned with the engine dry mass. However, future research into a valved
tap-off cycle has been considered where the tapped hydrogen could be bypassed from the turbopump into the NTP
rocket nozzle to induce some throttleability during the NTP phase.

3. Recuperator
A recuperator is included to provide additional cooling to the Brayton cycle when operating in NTP mode. The

lightweight mass model is adapted from a micro shell-and-tube model for use in turbo-Brayton cryocoolers of air and
space vehicles [36]. Although a recuperator is able to operate in the temperature and pressure ranges we introduce for
the exchanging lines with a high efficiency, it should be noted that an improved model will be necessary as Zagarola and
McCormick [36] utilized a recuperator meant for monatomic noble gases. Regardless, this heat exchanger is assumed to
extremely light; comparable to the wave rotors in mass.

The recuperator will not be in operation during the NEP mode because liquid hydrogen is no longer being fed from
the LH2 tank. For this reason, balancing the cycle gasses surrounding the Brayton Wave Rotor will be met by routing the
driver gas through both radiator 2.2 and 2.1 to meet cooling needs. This will be done by bypassing station 10Bt and 0Bt
surrounding the recuperator. Station 0Be will be the new driver gas line which passes over radiator 2.1 following radiator
2.2 (note: this line switch is not shown in fig.9 for simplicity). Estimates indicate that a little under half of radiator 2.1
will be devoted to driver gas cooling during NEP mode, the other half will provide cooling to the Alternator and PMAD.

4. Turbine
The purpose of previously published mass-power scaling factors is motivated by the ease of preliminary estimates of

system mass contribution. The change in enthalpy of the driver gas as it passes over the turbine determines the work
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done given its mass flow rate. As such, an isentropic expansion of a thermally perfect gas model is used to determine
the work output of the turbine based on equation 8. The turbine in this model is assumed to have an efficiency of 85%
The mass scaling parameter is the average specific mass of turbines outlined in previous space nuclear power systems
studies [37]. This parameter was originally published in 1987, thus it can be inferred that our model overestimates
the actual weight of the turbine since turbomachinery technology and materials have improved since then. The same
assumption goes for the compressors and alternator. For example SiC/SiC Ceramic Matrix Composites (CMC) have a
density that is a third of superalloys[38]. Recent work has also referenced the values from Walter [39][40].

The inlet temperature of a turbine is set to 1650 K based on material limit estimations. Current in-space turbines
operate at 1200 K for He-Xe gases and 973 K for CO2[41]. Work by Duchek[42] suggested a turbine inlet temperature
of 1400 K to be a key performance parameter. The in-space Brayton cycle study by Morrison[40] suggested that an
turbine inlet temperature of 1800 K would be feasible based on advanced materials and film cooling. NASA Glenn has
focused on a 1750 K SiC/SiC Ceramic Matrix Composite (CMC) for aviation turbine use[43], but with a target strength
of 20 ksi for only 300 hours. Recent work supported by NASA Glenn [44] showed a consistent cycle life for SiC/SiC
CMC blade material between 1500 F (1088 K) and 2400 F (1588 K) as part of their high cycle fatigue test program.
This technology used in conjunction with a thermal barrier coating could achieve an operational temperature of 1650 K.
Hence we use this value as the upper limit for the WREN turbine technology.

5. Compressor
Similar to the Turbine, the two compressors are modeled based on an average mass-power scaling [37] and subject a

thermally perfect driver gas to isentropic compression, i.e. eq. 7. The compressors in this model are assumed to have an
efficiency of 85%. The purpose of Compressor 1 and Compressor 2 are quite different from one-another despite sharing
the main drive shaft. Compressor 2 serves to balance the Brayton loop when it is coupled with the NTP Wave Rotor
during NTP mode, while Compressor 1 functions as a typical Brayton cycle compressor for both NTP and NEP mode.
During the NEP mode Compressor 2 will be shut off and the driver gas will bypass it.

The mode change from NTP to NEP has introduced some notable challenges in terms of pressure and temperature
balances. A primary requirement for the bi-modal system is to maintain the same operating conditions of the Brayton
Wave Rotor for both modes. This is because of the extremely limited range of conditions that the wave rotor can properly
operate. The state-of-the-art wave rotor technology still uses a fixed port timing fixing port conditions. Therefore, the
compressor system is designed having two-stages. It must also be noted that the wave rotor compression process is
set by the speeds of the compression and expansion waves inside the channel. Cooler gas temperatures during the
NEP mode, may required an adaptive port timing system or the addition of a third wave rotor to handle the different
port conditions. We currently ignore such issues in this systems level study. To better understand this issue, detailed
computational fluid dynamics modeling of the wave rotor will be required.

6. Radiator
Radiators are used to reject the excess heat from each of the main systems to space. The radiators are sized based on

energy balance approach for rejecting excess heat to the surroundings. Heat inputs and view factors to surrounding
components of an environmental body such as the sun and planets are required to be taken into account in this energy
balance approach. For a Earth to Mars mission, the Earth environment during NTP mode operation is considered the
worst case scenario. The required radiator area is determined by the thermal power that needs to be rejected. For the
WREN propulsion system, two main radiators are employed. Radiator 1 is used to moderate the temperature between
the two wave rotors. It serves to limit the temperature of the Brayton cycle gas at the turbine inlet. Radiator 2 is the first
stage of heat rejection for the two compressors. Fig. 9 shows a Radiator 2.1 and Radiator 2.2 subsystems. This is to
denote the different heat rejection requirements of the two modes and the interface to Radiator 2. During NTP mode,
Radiator 2.1 acts as an inter-cooler between the Brayton Wave Rotor and Compressor 2. In NEP mode, Compressor 2 is
by-passed and additional heat can be rejected by Radiator 2.2. This radiator is then used to cool the alternator and
PMAD systems. Any additional area is given to Radiator 2.1 to allow for reducing Compressor 1 inlet temperature.

We used the same design methodology as for the NASA Compass study of the NEP-CP 1.2 reference vehicle
[1]. The design uses a pump loop cooling system due to the high heat loads. The pump loop system is broken into
segments and is controlled by a series of valves and sensors. 𝐻2 gas mixing from Radiator 2.1 and 2.2 can then be
controlled. Leakage of 𝐻2 during operation was not considered due to the expected short transit times compared to the
total 𝐻2 required for NTP motive gas. It was found that the high speed of sound of 𝐻2 provided improved heat transport
properties compared to HeXe gas typically used for the Brayton cycle. A range of expected power loads for the NTP and
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NEP modes was approximated and used to create three radiator designs. The resulting radiator mass and areas were fit
to curves based on the average radiator temperature.

𝑚𝑟𝑎𝑑 = 8.26815 · 1013 · 𝑇−4.025
𝑎𝑣𝑔 · 𝑃𝑊𝑟𝑒 𝑗𝑒𝑐𝑡 (11)

𝐴𝑟𝑎𝑑 = 2.756 · 1013 · 𝑇−4.024
𝑎𝑣𝑔 · 𝑃𝑊𝑟𝑒 𝑗𝑒𝑐𝑡 (12)

Radiator 1 operates at extremely high temperatures. We assumed that it would be made out of a series of graphite or
ceramic tubing. Control of heat rejection would be conducted by a series of rotating insulating covers to control the heat
rejection area. Additional radiator panels are required for the PMAD system. These were considered as included in the
mass budget of this subsystem. Other heat rejection requirements for the fuel tanks, crewed module, ect. do not use
Radiator 1 or 2 and are included in their respective systems.

There are also potentially lighter mass radiator system technologies such as reported by Tombuilian [45] that is
based on carbon fiber fabric. Incorporating such technology could potentially double the specific heat rejection (W/kg)
of the individual heat pipes leading to a significant reduction in the radiator mass. For this study we chose the higher
Technology Readiness Level (TRL) materials to show the benefits of adding a wave rotor vs. NASA’s current baseline
systems.

7. Nuclear Reactor
As described in section III.C, the optimal design of a nuclear core for use in the WREN system has not been explored.

We decided to use an exit temperature of 2850 K for the nuclear core when in NTP mode. This is close to the desire by
NASA for a 900 second specific impulse 𝐼sp traditional NTP design [46]. Refering to Fig. 8 higher temperatures could
be used, but we expect the NTP mode to operate longer due the extra propulsion mass vs. available thrust of the bi-modal
system. The NEP reactor exit core requirements will be much lower due to our desire to have the same gas mass flow
rate through the Brayton cycle for both modes. This assumption is applied with the desire to maximize the electric
power of the NEP mode. Fig. 9 shows two reactor cores. This does not preclude that individual cores are required but to
capture the worst case scenario of the different thermal and power load requirements between the needs of the Brayton
cycle loop and the heating of the motive gas. The total power requirement of each mode is used to estimate the required
reactor mass. To estimate the mass requirements of the core, we relied on NTP core designs with low power [47][48].
These designs resulted in mass to thermal power ratios ranging from 0.006 to 0.01 𝑘𝑔/𝑘𝑊𝑡ℎ. For conservatism we
chose a value of 0.1 𝑘𝑔/𝑘𝑊𝑡ℎ. For the gas flowing through the reactor core, we assumed a pressure loss of 2%.

8. Nuclear Reactor Shield
Referring to the NEP-CP 1.2 reference vehicle study [1], the design of the nuclear core reactor shield is a complicated

process. Modeling and simulation code is used to predict the radiation environment in the shadow of the shield with
respect to the nuclear reactor core. For our level of detail we relied on past work [49] to develop a scaling parameter.
They suggested a human at most should receive a dose of 5 rem for a mission. A relationship between required shield
mass and crew dosage was given for a 75,000 lbf NERVA-derivative engine. This power is in the same class as the
WREN system. We decided to lower the dosage requirement to 2 rem. This resulted in a mass to thermal power ratio of
0.008 𝑘𝑔/𝑘𝑊𝑡ℎ.

9. Alternator
The power of an alternator is directly coupled with the output work of a turbine, i.e. a turboalterantor. Similar to

the turbine and compressors, a mass-power scaling is used (0.2 kg/kW)[37]. The operational efficiency is assumed
to be 97% [50][51]. The maximum continuous operating temperature of the alternator for this design is 500 K [52].
For an alternator processing 50 MW of input work, the power rejection requirements would be 1.5 MW. If it operates
continuously at 450K, it will require approximately 1600 𝑚2 of Radiator 2 for cooling.

10. Power Management and Distribution (PMAD)
After work is extracted from the Brayton turboset by the alternator in NEP mode, the electric power must be

correctly conditioned for distribution to the electric thrusters. The largest contribution to mass is the direct current
(DC) to DC converter. The Kilowatt project for distributing power on the Moon was found to be one of the most recent
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works providing data for actual systems[53]. The largest units produced for extraterrestrial use reach 200 kW. A linear
relationship was given to compute the specific power (kW/kg).

𝑆𝑃𝑃𝑀𝐴𝐷 = 0.0279 · (𝑃𝑊𝑒 · 10−3) + 0.6816; 𝑓 𝑜𝑟 (𝑃𝑊𝑒 · 10−3) ≤ 200𝑘𝑊 (13)

The listed actual systems can handle input power up to 200kW we therefore limit the specific power to this maximum
value our multi-megawatt system. It is envisioned multiple converter units are used. We assume these units are designed
to high efficiency standards and use a value of 98% [54][55][56][57]. If we assume the spacecraft generates 50 MW for
the NEP system approximately 1 MW must be dissipated by Radiator 2 for the PMAD system. We assume that the
maximum operating temperature of the system is 250 𝑜𝐶 (523 K). This configuration is designed to operate at 200 𝑜𝐶
(473 K) using SiC power converters. This results in approximately 900 𝑚2 in radiator area when converting 48.5 MW
coming from the alternator. Together with the Alternator, this results in 2500 𝑚2 in radiator area. A value close to the
entire radiator size of the NASA NEP-CP 1.2 spacecraft.

11. Power Distribution Cable
The power distribution cable is the main cable to send electricity from the power converter in the PMAD to the

electric thrusters. We separated this part from the PMAD system due to modeling for the correct voltage based on the
electric propulsion thruster used, sizing the wire for self-cooling, and ensuring the transmission efficiency was over
99.2%. For our concept we assumed 200 meters of cabling would be required. This length is based on the estimated
size of the radiator. A relationship for the mass of the cable was found given the line voltage and transmission power.

𝑚𝑐𝑎𝑏𝑙𝑒 = 2.349 · 1010 · 𝑉−1.984
𝑐𝑎𝑏𝑙𝑒

· (𝑃𝑊𝑐𝑎𝑏𝑙𝑒 · 10−6) (14)

12. Electric Propulsion Thrusters
Nuclear electric propulsion (NEP) is a critical subsystem for this mission. A high specific impulse NEP system

arranged along with a high thrust delivering NTP system allows for a fuel efficient, faster transit time to be feasible.
As such, the NEP subsystem needs to be selected such that one gets the most optimal system performance for a given
mission. In regards to Fast-Transit missions to Mars, the most important parameter is to effectively package the electric
thruster into a low mass to power ratio. Other parameters to consider in system integration and selection are heat and
power, size duty cycle, stability, propellant storage, firing time, life time, and complexity. Additionally, the ability of the
thruster to produce the required thrust becomes an important factor. For electric propulsion thrusters, the I𝑠𝑝 is related
to the thrust by,

𝑇

𝑃𝑊𝑒
=

2 𝜂𝑒𝑡
𝐼𝑠𝑝 𝑔

(15)

We see that a high I𝑠𝑝 thruster may not provide the required thrust to quickly transit between two planets. Fig. 10
shows the notional operating range of different thruster technologies. The figure has a red line to denote the designed for
NTP I𝑠𝑝 of the WREN system (Table 1). Any electric thruster technology to the left of the line could be replaced by the
WREN NTP system. The most important parameter becomes the thruster efficiency that can be designed to for each
thruster. We see that magnetoplasmadynamic (MPD) thrusters have the ability to provide a high thrust to power ratio.
The thrusters can be configured as Self-Field (SF) or Applied Field (AF). SF-MPD technology can generally provide a
better thrust per power performance. We see that the SF-MPD is in a similar I𝑠𝑝 regime as the WREN NTP system in
Fig. 10. Therefore, AF-MPD was explored for this work. With the state-of-the-art thrusters such as MPD thrusters,
having a high input power results in high current density causing the cathode meltdown, thus bringing the thruster to
the end of its lifetime at an alarming rate [58]. We therefore need to model both the thruster and the required thruster
subsystems to keep the thrusters cool. This is true for all thruster technologies, Fig. 10 shows the efficiency of such
systems range from 30 to 70 % efficient. Another issue is that most state-of-the-art thruster technology is only scaled to
100s of kW due to limitations of current NEP electrical power generation systems. Specifically, having a high input
power results in high current density causing the cathode meltdown due to thermodynamic constraints in dimentional
scaling. This results in a "scaled up" thruster having a significantly shorter lifetime [58]. We therefore have to rely on
already conducted scaling studies to predict the performance of parameters of the MPD thrusters instead of simple
extrapolation. A recent review on key performance parameters for Mega-Watt NEP elements [42] listed a power per
thruster target and a threshold value of 1.0 and 0.5 MW𝑒𝑡 respectively. Additionally, NASA Glenn’s VF-1 vacuum
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chamber can test up to 1 MW MPD thrusters [59]. We therefore limit our per thuster to a 1 to 1.5 MW𝑒𝑡 value out of
practicality. Although Mega-Watt thrusters have been demonstrated, the majority of tests have been relatively short
compared to transit times to Mars [60]. Significant research is required to enable use for the high-power requirements
for a Mars Fast-Transit as discussed in later sections of this paper. Work by Gilland [61] conducted modeling work for
MPD thrusters ranging in I𝑠𝑝 from 2,000 to 10,000 seconds. The paper is unique in that the thruster sub-components
such as the PMAD and electrical cabling are removed from the power to mass ratio calculation and supplied a value just
for the MPD thuster and the required radiator for cooling. The study evaluated thusters designed for 1, 2.5 and 5 MW𝑒𝑡 .
For a power of 1 MW𝑒𝑡 and an I𝑠𝑝 of 3000 sec, 𝛼 is listed as 0.5 kg/kW𝑒. The motive gas studied was hydrogen, but we
will assume the scaling parameter closely approximates other fuel types. A recent review paper [62] on nuclear space
propulsion, Table 3.3 lists a lithium MPD thuster having an 𝛼 of 0.5 kg/kW𝑒 with a power rating of 245 kW. We therefor
use this value of 𝛼 for our analysis.

As explained in following sections, our current strategy is limited to a constant acceleration burn for the NEP system
with a resulting constant I𝑠𝑝 . Other systems such as VASIMR [63] found that a variable I𝑠𝑝 provided mass savings over
the trajectory burn. We plan to alternatively look at a mix of high and low power thrusters to provide variation in the
thrust profile of the NEP burns as our trajectory modeling capabilities are improved.

Fig. 10 Approximate relationship between 𝐼𝑠𝑝 and specific thrust for a range of electric thruster technologies.
Adpated from [64].

Table 1 Initial Mars mission WREN cycle performance metrics.

B. Performance of Initial Bi-modal Concept Design
As an initial design of the propulsion system, we assumed that the Isp of the NTP should be maximized while being

within materially manageable, dissociated hydrogen exhaust temperatures. We also specified an NTP thrust of 34.7 kN
as this was on the low end of past NTP rocket designs. The radiator acreage was constrained to 10,000 m2 or less. As a
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Table 2 Other important metrics of the initial WREN system. See Appendix for additional parameters.

comparison, the NASA NEP-CP Vehicle 1.2 was designed with a radiator on the order of 2,500 m2. We assume that a
larger radiator, by a factor of 4, could be justified if the transit time and other system masses could be significantly
reduced. The compression ratio of the NTP Wave Rotor was set to enable an Isp of 1430 sec for the NTP mode as shown
in Fig. 1. The NEP alternator is not engaged ensuring that the power generated by the Brayton cycle goes into the
NTP wave rotor for heating the motive gas. During NEP mode, Compressor 2 is disengaged from the turboset and the
Brayton cycle gas by passes the NTP wave rotor. It was found that 48.28 MW of electricity is available at the end of the
power distribution cable for the NEP thrusters. The total propulsion mass was almost 100 MT (metric tons) (Table 2).
This led to a mass to power ratio of 2.09 𝑘𝑔/𝑘𝑊𝑒 for the NEP propulsion mode. The NEP components make up the
greatest contribution to mass as shown in Fig. 11. In the figure, "Other" refers to the LH2 Turbopump, LH2 Recuperator,
and the mass of both wave rotors. If significant mass savings are sought, improvements to the electric thruster power
density are most significant after the radiators. For completeness, a full list of pressures and temperatures of the NTP
motive and Brayton cycle gas (both NTP and NEP mode) are listed in the Appendix.

Finally we must note that the radiators operate at high inlet temperatures. A large amount of nuclear reactor energy
is then wasted. We plan to explore the use of thermoradiative thermal energy conversion devices for production of
additional electrical energy that could be used to recover waste heat from the Brayton cycle [65][66]. The temperature
of Radiator 1 is also high enough that high temperature solar cells may be able to be effectively employed to recover the
waste heat. We plan to add these subsystems to our modeling as the Matlab OOP program is matured.

C. Comparison to Other Rocket System Technologies
Fig. 12 shows the performance of many different flown and studied in-space nuclear electric power systems. The x-

axis lists the total system electric power provided and the y-axis lists the specific power of the energy generation/propulsion
system. We see that the inclusion of a wave rotor to the Brayton allows for the WREN NEP performance to pass what
was believed to be the NEP Turbo-Generator Limit. This is mainly due to the ability of the Brayton Wave Rotor to
process the gas from the nuclear reactor core at almost 2000 K (see Table 5 in the Appendix). This high temperature
along with significantly bringing up the Brayton cycle bottom temperature to 371 K and Radiator 2 inlet temperature
of 790 K. This significantly reduces the area requirements of Radiator 2 compared to the colder radiator used for the
NASA NEP/CP 1.2 design. Referring back to Fig. 12, only the notional Low-𝛼 Fusion concept provides both more total
power and specific power capability for a NEP propulsion system.

Comparing both WREN NTP and NEP modes to other propulsion systems, Fig. 13 organizes them according to
their vehicle acceleration vs. I𝑠𝑝. Due to the ability of the Brayton cycle to provide a large electric power load to
the electric thrusters, the system significantly falls out side of the vehicle acceleration of other Electro- systems. The
WREN NTP conversely due to its increase in I𝑠𝑝 through a Brayton cycle process, has a significantly lower vehicle
acceleration compared to other demonstrated thermal fission technologies. In Fig. 13 the power density is also mapped
to the x-y coordinate systems. We see that the WREN NTP and NEP performance parameters line up with expected
values between I𝑠𝑝, vehicle acceleration, and power density. This gives confidence in the verification of the WREN
propulsion modeling conducted for this work.
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Fig. 11 Specific Mass Contributions of the WREN System sub-components.

Fig. 12 Comparison of WEN NEP mode to other NEP system classes.
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Fig. 13 Comparison of WEN NEP mode to other rocket propulsion technologies.

V. Human Mission to Mars Concept Vehicle

A. Spacecraft Overview
The inspiration for the development of this propulsion cycle was to significantly improve the NTP aspect of the

bi-modal design. The NTP human mission to Mars report by Borowski[67] computed trajectories for a fast conjunction
mission in the 2033 time frame. Table 3 lists the assumptions that they used for the NTP technology. Most impactful is
the Isp capability of 906-941 seconds. Compared to traditional chemical rocket propulsion (300-450 seconds) this is a
substantial improvement. Their study proposed the NTP technology could reach Mars in a 150-220 day transit time.
Additionally, the NASA Space Technology Research Grants Program issued a solicitation topic entitled "Revolutionary
Propulsion for Rapid Deep Space Transit." One of the research objectives was developing propulsion systems enabling
"Traversing the distance between Earth orbit and Mars orbit in no more than 45 days."[68] Our focus was to see how far
we could improve this transit time with the WREN technology with the possibility of achieving the 45 days to Mars
demonstration goal.

The WREN propulsion outlined in the previous section was further integrated into a Mars mission concept
spacecraft. Fig.14 shows a rendering of the concept spacecraft orbiting Mars. Considerations such as placement of each
sub-component, volume of fuel, and size of crew module were developed. Sub-component placements were dictated by
the location of the Reactor Shield. Systems sensitive to radiation dosage, were placed in the cone shaped shadow of the
reactor shield. This lead to the trapezoidal shape of the radiators and placement of the electric propulsion opposite
of the rest of the propulsion system. In this analysis we considered a spacecraft using a current NASA crew habitat
design. The habitat consisted of 45 MT of mass and can support a crew of 6 with supplies for 1000 days. The excess
supplies are included as an emergency measure in case of propulsion system failure during transit to support potential
rescue mission scenarios for the crew. The stored fuel is only for the Earth to Mars transit. A slower, more efficient
cargo transport would bring the return fuel necessary for return to Earth. Since we are only concerned in the NASA
demonstration of a 45 day transit, analysis of the requirements for the return to Earth leg was not conducted.
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Table 3 2033 NTP human mission to Mars NTP system characteristics.

Fig. 14 WREN human Mars mission concept spacecraft.

B. Fast-Conjunction Class Mars Missions
In this section we focus on the transfer to Mars. For low Isp propulsion systems like chemical propulsion, missions

are constrained to using a Hohmann transfer orbit that typically gives the lowest ΔV. Ocassionaly the planets are aligned
such that a fly-by of Venus can reduce this expense even further. Fig.15 shows such a case. These types of maneuvers
are considered Opposition class missions. These mission unfortunately consist of long transit times (200 - 400 days).
Shorter transit times can be made using larger impulsive burns. This class is referred to as Fast-Conjunction missions.
Here the spacecraft leaves when the Earth starts to overcome Mars. The timing sets the offset between the planets as
shown in Fig.15.

For the Mars mission, the NTP mode is used to quickly deorbit/orbit a planet due to its relatively large thrust
compared to the NEP systems (Table 1). The maneuver is typically assumed to be impulsive in nature and can be
approximated by the Tsiolkovsky rocket equation.

Δ𝑉 = 𝑣𝑒𝑥𝑖𝑡 𝑙𝑛
𝑚𝑖

𝑚 𝑓

= 𝐼𝑠𝑝𝑔 𝑙𝑛
𝑚𝑖

𝑚 𝑓

(16)
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Fig. 15 Opposition and Fast-Conjunction Class Mission Trajectories.

The NTP Human Mission to Mars report by Borowski[67] computed trajectories for a fast conjunction mission in
the 2033 time frame. They explored transit times ranging from 60-220 days for the outbound Earth to Mars leg. We
used the ΔV values from these results to extrapolate the required values for a 45 day mission. For Earth departure a ΔV
of 10.4 km/s was estimated to be required and for Mars arrival the value was 11.4 km/s. Comparatively, a 220 day
mission only required 3.6 km/s for Earth departure and 1.3 km/s for Mars arrival. Referring to equation 16, if we want
to have the same initial spacecraft mass as a chemical rocket (Isp = 450 sec) the advanced propulsion system would
require an Isp of 2000 sec for the 45 day transit. If we want to have the same initial mass as current NTP technology (Isp
= 900 sec) the advanced propulsion system would require an 𝐼𝑠𝑝 of 4000 sec. The NTP mode of the current WREN
design is only 1430 sec. Therefore an NTP only WREN system would not provide a practical initial spacecraft mass for
the 45 day mission.

We now consider an NEP only system for the Earth to Mars leg. It would require the space vehicle to conduct
a spiraling orbital transfer maneuver, which can take many days to complete. As an example, the Variable Specific
Impulse Magnetoplasma Rocket (VASIMR) technology is a multi-metawatt advanced nuclear reactor power source. A
study was conducted to analyse if the technology would be able to travel to Mars in 39 days.[63] Their concept spacecraft
required an approximately 200 MW NEP propulsion system to quickly leave Earth’s orbit. Their mission relied on a
direct entry of the Mars landing craft that would slow down using an aerobreaking maneuver. The main spacecraft
conducted an orbiting maneuver lasting 30 days. The crew module ranged in size from 20 to 30 MT to support a crew of
4 astronauts. Their concept indicted that the NEP system would require a 𝛼𝑁𝐸𝑃 of 0.5 to 1.0 kg/kWe depending on the
departure orbit from Earth. Referring to the performance specifications of the current WREN configuration, the NEP
mode alone can not practically close a mission similar to VASMIR.

In order to approximate fuel requirements, a systems level trajectory model was developed to handle the bi-modal
nature of the WREN propulsion system. Due to the low thrust of the NEP subsystem, this analysis requires the inclusion
of the acceleration capability of the space vehicle during the use of the NEP subsystem. This parameter can be derived
by inference of 𝛼𝑁𝐸𝑃 , shown in Eq. 17.

𝛼NEP =
2𝜂𝑒𝑡
𝜆

(√
1 + 𝑘 −

√︂
𝑘 + 𝑚PL,NEP

𝑚𝑖

)2

(17)

where 𝜂𝑒𝑡 is the efficiency associated with power conversion of the NEP thrusters, 𝜆 is the trajectory characteristic
parameter, 𝑘 is the structural coefficient of the space vehicle, and 𝑚PL,NEP and 𝑚𝑖 are the masses associated with the
payload carried by the NEP system and initial state of the vehicle at the start of the operation of the NEP system,
respectively. The structural coefficient is defined by

𝑘 =
𝑚S

𝑚p
(18)

where 𝑚S is defined as the tanks structure mass and 𝑚p is the propellant mass.
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The mass budget of the spacecraft is defined as a cumulative total of all of the subsystem masses, represented in Eq.
19.

𝑚i,tot = 𝑚PL + 𝑚p + 𝑚S + 𝑚PP (19)

For the bi-modal concept, special care must be taken in assigning the proper system masses. In efforts not to modify the
governing equation, Eq. 17, the propellant mass is accounted as three separate values.

𝑚𝑝 = 𝑚p,Ed + 𝑚p,Ht + 𝑚p,Ma (20)

where 𝑚p,Ed is the propellant used during Earth departure, 𝑚p,Ht is the propellant used during Heilocentric transit, and
𝑚p,Ma is the propellant used during Mars arrival. When applying Eq. 17, 𝑚p,Ma is included as part of 𝑚PL,NEP. We
also need to add the mass of propellant tanks for the Earth departure burn to 𝑚𝑖 is they are not ejected as part of a
staging strategy. We use the same value for the tank structural coefficient for both NTP and NEP motive gas tanks. The
propulsion system mass contains all the components to enable operation of both modes. Traditionally 𝛼𝑁𝐸𝑃 is defined
as

𝛼NEP =
𝑚PP

𝑃𝑒
(21)

where it is assumed that 𝑚PP completely scales with the electric power required for the NEP mode. In our case,

𝑚PP = 𝑚PP,NTP + 𝑚PP,NEP + 𝑚PP,shared (22)

we have sub-components that are exclusive to the NTP mode (𝑚PP,NTP) and the NEP mode (𝑚PP,NEP). There are also
sub-components that are shared between the modes (𝑚PP,shared). For instance, the Brayton cycle components are used by
both modes. From a fundamental perspective it is unclear how 𝛼𝑁𝐸𝑃 defined in Eq. 17 should be treated. For instance,
the NTP mode may require an excessively large power from the Brayton cycle compared to the NEP model or vice
versa. In our analysis we ignored this issue and assume that the Brayton cycle would be fully utilized by the NEP system
providing theoretically maximum electric power for the NEP mode. Referring to Fig. 11 we see that subsystems used
only by the NEP make up a significant mass of the propulsion system. If the power required by the NEP to satisfy the
trajectory requirements is in reality lower, the assumptions in Eq. 17 may be too conservative in regards to the ratio of
payload mass to initial mass. This completes making Eq. 17 consistent for use in a bi-modal propulsion system for the
Fast-Conjunction mission. The final mass of the spacecraft is found by

𝑚 𝑓 = 𝑚i,tot − 𝑚p − 𝑚S,staged (23)

where 𝑚S,staged is the mass of any tanks ejected after a propulsive burn. We ignored this parameter in this work.
In Eq.17, the trajectory characteristic parameter is a non-trivial parameter to compute. It represents the integral of

the acceleration squared over the spacecrafts trajectory, given in Eq. 24.

𝜆 =

∫
𝛾2

acc𝑑𝑡 (24)

An ideal estimate of the ΔV required by the NEP mode is found by integrating the acceleration profile and draws analogy
to the classic rocket equation.

Δ𝑉ideal =

∫
𝛾acc 𝑑𝑡 = 𝑣𝑒𝑥𝑖𝑡 · ln

(
𝑚 𝑓

𝑚𝑖

)
(25)

We can also link the mass flow rate of the NEP motive gas ( ¤𝑚𝑒𝑡 ) and 𝐼sp to the required electrical power from the
Brayton cycle alternator (𝑃𝑊e) using:

1
2
¤𝑚𝑒𝑡 ·

(
𝑔 · 𝐼sp,NEP

)2
= 𝜂et · 𝑃𝑊e (26)

Where 𝜂et is the efficiency of the electric thrusters and 𝑔 is the Earth gravity acceleration at sea-level. A variant of the
rocket propulsion equation can be formed for power-limited systems.[69]∫ 𝑡 𝑓

𝑡o

𝛾2
acc𝑑𝑡 = 2𝜂et · 𝑃𝑊𝑒 ·

(
1
𝑚 𝑓

− 1
𝑚𝑖

)
(27)
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Using optimization methods,[70] the payload mass fraction can be found using the expression:

𝑚PL

𝑚𝑖
= 1 − 𝑘 + 1

1 +
(

2𝜂
𝜆

) (
𝑃𝑊𝑒

𝑚𝑖

) − 𝛼NEP ·
(
𝑃𝑊𝑒

𝑚𝑖

)
(28)

If we assume that the payload to initial mass ratio is independent of the other variables, Eq. 28 is used to produce Eq. 17.
The VASIMR study conducted full trajectory analysis varying the transit time to more exactly compute the ΔV and

initial mass requirements for their concept spacecraft. It was found that the trajectory characteristic for their mission
was able to be represented as a simple function with only minor uncertainty by,

𝜆(𝑡𝑡𝑟𝑎𝑛𝑠) ≈ 𝑎 · 𝑡𝑏𝑡𝑟𝑎𝑛𝑠 (29)

where a = 5.22 ∗ 107 and b = -2.9183 are coefficients fit to their trajectories and 𝑡𝑡𝑟𝑎𝑛𝑠 is the transit time measured in
days. This allowed for further studies on the VASIMR system using a similar system of equations presented in this
section for their NEP burns. We used these values to verify the results of our system of equations with only using the
NEP mode of the WREN cycle. For analysing the bi-modal system, we can’t use the VASMIR data due to the spiral
maneuver conducted by the NEP thrusters at Earth departure. As the desired transit time is shortened from hundreds of
days to 39 day, the spiral maneuver significantly contributes to the required trajectory characteristic. We plan to use the
NTP mode to quickly leave the Earth-Moon system using an impulsive burn. We therefore just require a representative
acceleration profile during the heliocentric phase of the mission trajectory. If we assume that the NEP mode is employed
using constant acceleration over the trajectory, Eq. 24 becomes a simple linear equation. We also note that for the
Fast-Conjunction mission, Earth and Mars are always fixed distances over a given transit period. Therefore heliocentric
phase of Eq. 29 may be correlated through the distance formula.

𝑥 = 𝑣𝑖 · 𝑡 + 𝛾𝑎𝑐𝑐𝑡2 (30)

If we include 𝑣𝑖 we are able to compute the required acceleration for the heliocentric phase. These assumptions
will not led to optimum performance values, but are suitable for understanding the performance of our system without
conducting full trajectory calculations. Solving for the trajectory characteristic,

𝜆 = (𝑥 − 𝑣𝑖 · 𝑡)2 · 𝑡−3 (31)

The form is relatively close to the VASMIR correlation form. Referring now to the work of Borowski [67] that studies a
pure NTP propulsion system, the acceleration is zero giving us a way to solve for x providing a leading coefficient that
can be corrected with different initial velocities. It must be noted again this is not finding the correct distance traveled,
but a distance that correlates to a required 𝜆 given an initial departure velocity. We found that this approximation gives
consistent results for transit times less than 65 days. For longer travel times losses due to gravity and the thrust vector
become too large. This can be visually seen by the trajectories computed by Dankanich [71] for the VASIMR design.
Additionally, the VASIMR work showed that for mission Earth to Mars legs with transit times in excess of 100 days, the
NEP spiral orbits become less challenging suggesting a pure Multi-Megawatt NEP system may provide a theoretically
simpler solution than a bi-modal NTP/NEP design. In our next steps we plan to conduct full trajectory calculations
for the Earth to Mars leg using the Copernicus software[72]. Results will be compared to this simplified model to
understand the uncertainty in our assumptions.

C. Earth to Mars Mission Leg
In our work we are not currently focusing on an entire Mars mission, but just the Earth to Mars mission leg to

demonstrate the technology capability. This is a similar practice used when initially studying the VASIMR technology.
This isolates propulsion system performance metrics removing impacts such as Mars stay times and return leg strategies
that complicate the analysis. We consider transporting a crew of 6 with enough supplies for 1000 days. The excess
supplies are included as an emergency measure in case of propulsion system failure during transit to support potential
abort and rescue scenarios. This habitat is similar to the one being used for NASA baseline mission studies[1]. Fig. 16
shows the concept of operations of the spacecraft. The spacecraft departs Earth from a Near-Rectilinear Halo Orbit
(NRHO) after assembly as shown in Fig. 17. As the spacecraft passes Earth, a NTP mode burn is conducted. After the
burn maneuver, the NTP mode is turned off and a slow-spin maneuver is conducted over a period of a few hours. Small
reaction control jets are used for this low ΔV spin maneuver and considered part of the structural mass. During the
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Fig. 16 Concept of operations Earth to Mars mission leg.

maneuver NTP components are cooled and the nuclear reactor is moderated in preparation for the NEP mode. Once the
electric thrusters are positioned correctly, the NEP burn starts. Fig. 16 shows a coast period where the NEP mode is
turned off. In this work we consider a constant thrust strategy resulting in no coasting period. We include this state
of the spacecraft since work on other NEP propulsion systems find a coasting period results in a minimized initial
departure mass. Next the spacecraft positions the electric thrusters to start a NEP burn to slow the spacecraft down as it
approaches Mars. It then performs another spin maneuver in order to ready the spacecraft for the final NTP burn to orbit
Mars. In comparison, the VASMIR mission assumed the crewed landing module would conduct a direct entry into Mars
atmosphere while the spacecraft would slow down over a multi-day period to park in Mars’ orbit.

Fig. 17 Concept of operations for departure from Earth-Moon system.
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Table 4 shows estimates for a notional 45 day transit using the equations outlined in this work. The initial mass of
the spacecraft was found to be 530 MT. This is heavier than the NASA NEP-CP Vehicle 1.2 (382 MT). Though the
NEP-CP system has a transit time of approximately 382 days. To obtain similar masses, the crewed module would need
to be reduced to 4 with a resulting redesigned module to realize mass savings. A pure NTP spacecraft studied by NASA
had an initial mass of over 600 MT resulting in a 297 day transit. Exact comparison is hard to make due to the two
NASA reference mission spacecraft are designed for a full mission scenario. The main take away is the 45 day transit
using WREN propulsion produces a spacecraft in the range of initial mass similar to NASA baseline designs.

Table 4 Summary of spacecraft masses and ΔV burns for 45 Day Earth to Mars leg.

The main motivation for a fast-transit trajectory is to reduce the risk of human crew. Learning from experiences of
astronauts living on the International Space Station (ISS), many health risks arise due to zero-gravity. Additionally,
radiation from the Sun and cosmic space significantly contribute to the total radiation exposure of the crew over a
mission. Reducing the transit to 45 days significantly reduces these risks compared to the traditional long duration
transits, but how much risk is removed between a 45 day vs. 65 day transit? Fig. 18 shows estimates of initial departure
mass vs. transit time. By making the trip just 5 days longer, significant initial mass savings can be achieved. For a 65
day transit the initial mass is almost half. The figure also shows the impact of different NTP mode ΔV burns for Earth
departure. To remove our concerns with the rough estimation of the NEP trajectory characteristic, we see that trading
NTP vs. NEP burn time is relatively insensitive due to the high 𝐼𝑠𝑝 if the NTP mode. It should be noted again that if we
use a pure NTP burn as in Borowski [67] it is clearly impractical.

Finally a main weakness of the presented performance of the WREN system is the low thrust to weight ratio of
the NTP mode. For the initial spacecraft masses and ΔV required for NTP burns, the burn can not be assumed to be
instantaneous. Referring to other NTP spacecraft [67] the burn times should be on the order of 30 minutes to 2 hours for
impulsive maneuvers. This analysis shows the WREN NTP burn times are on the order of 8 to 15 hours in duration.
This has a large impact on the requirements of nuclear core technology where NERVA class systems have never been
tested for such duration. Future trajectory analysis will require finite burn modeling of the NTP modes to understand
the impact of gravity losses. Fig. 17 presents a notional description of the difference in burn time with respect to the
trajectory for a 55 and 65 day Earth departure NTP burn. In a worst case scenario, Earth departure and Mars arrival
would have to be conducted using a spiral maneuver. For the 39 day VASIMR mission, it required on the order of 200
MW electric power to quickly leave Earth’s orbit for their 39 day Earth to Mars leg. The WREN NTP mode has a thrust
power of approximately 200 MW equating to approximately 400 MW electric power if VASIMR is operating at 50%
thruster efficiency. Unfortunately the trajectory characteristic reported in the VASIMR studies lumps in the contribution
of Earth departure, Heliocentric transfer, and Mars arrival burns. Making it impossible to be used for a bi-modal system
trajectory analysis. We therefore plan to look into detailed trajectory modeling to better understand this issue.

Ultimately, these results may be indicating that the NTP 𝐼𝑠𝑝 and the NEP thrust power are too large for this
mission. In regards to NTP burns, a similar phenomena was found with the 𝐿𝑂2-Augmented Nuclear Thermal Rocket
(LANTR)[73]. In this concept additional 𝐿𝑂2 was added in an after-burner to enhance the thrust performance of the
NTP rocket for operation in the Earth-Moon system. In the case of the WREN system, the compression ratio of the NTP
Wave Rotor can be designed to mission requirements trading 𝐼𝑠𝑝 for thrust. Referring to Fig. 11 the NEP only subsystem
components make up a significant contribution to the propulsion mass. Full trajectory analysis is needed to explore if
such a high NEP thruster power is required. Fig. 18 shows that trading between Earth departure ΔV (NTP) and required
NEP acceleration provide similar results as we reach a 45 day transit time. Removing NEP propulsion mass will help
with the NTP Earth departure burn and may off set the losses of less power available during the heliocentric phase.
Again detailed trajectory modeling is required to better understand these issues.
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Fig. 18 Initial Earth Departure (ED) Mass vs. Transit time for different Earth departure burns of the NTP
mode.

VI. Conclusion
A systems level model of a bi-modal NTP/NEP propulsion system was developed. Through the use of wave rotor

technology, both NTP and NEP propulsion parameters were significantly improved. A simplified trajectory analysis
model was developed to explore the capability of an non-optimized configuration. It was found that the system provided
significant improvement in its ability to conduct a Fast-Transit mission to Mars. Though the system results in reasonable
initial masses for a concept spacecraft traveling to Mars in 45 days, significant mass saving can be realized by increasing
the transit time by just 5 to 20 days. It is suggested that a full mission profile should be explored to understand the
implications of having to minimize transit time for both the outbound and return leg of a human Mars mission. Either
way, this propulsion system technology demonstrates the ability to easily conduct Fast-Transit missions to Mars.
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Appendix
The pressure and temperatures of the two propulsion gas loops are listed here in the Appendix in Table 5 for

completeness. Station positions are labeled in Fig. 9. As detailed in the figure, underlined values specify the port
conditions surrounding the NTP Wave Rotor during the NTP mode which results in the optimized I𝑠𝑝 of the thermal
rocket. Values highlighted in red and blue represent the port conditions surrounding the Brayton Wave Rotor for the
NTP and NEP mode, respectively. Note that these value counterparts between modes surrounding the Brayton Wave
Rotor are equivalent (e.g. 𝑝1𝐵𝑒 = 𝑝1𝐵𝑡 ), indicating the OOP model successfully balanced the modes. Pressure values
were set based on requirements for the NTP rocket nozzle and nuclear reactor cores.

Table 5 Pressure and temperature values at their respective stations based on Fig. 9.
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